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This presentation is based on a study conducted within the theoretical and didactic model Play-Responsive Teaching (PRT), that is, a model integrating play, teaching, and learning (Pramling et al., 2019). PRT aims to promote teaching in play without losing the essential characteristics of play. When applied in the context of preschool mathematics teaching, this study uses the term Play-Responsive Mathematics Teaching (PRMT) to highlight the specific focus on mathematics. Within mathematics, particularly the concept of cardinality was focused on in this study exploring how PRMT can be planned and implemented in preschool settings.  The research question addressed is: What characterizes activities where teachers intend to implement play-responsive teaching focusing on cardinality?
Early mathematical knowledge influences children's later academic success, highlighting the need for research on the relationship between early mathematics teaching and young children's learning (Björklund & Palmér, 2019). Cardinality, a fundamental aspect of early mathematics, refers to understanding that a specific number of counted objects represents a particular quantity. This concept goes beyond reaching a numerical answer, encompassing the relationship between object count and the idea of 'how many' (Björklund & Palmér, 2023). To understand how cardinality can be supported in preschool through PRMT, it is essential to consider how teaching is conceptualized within the PRT model. In PRT, teaching is seen as a collaborative process shaped by both teachers and children. Play must be organized without losing its playful nature, allowing children to shift between fantasy (as if) and reality (as is). One key feature of PRT is double responsiveness; that is, teaching is goal-oriented but at the same time adapted to children's initiatives. 
Method 
The study is conducted in line with educational design research (Bakker, 2018) following a cyclic process of designing, implementing, and revising teaching activities in collaboration between a researcher and three preschool teachers from different preschools. The teachers had prior experience with early number sense, including cardinality, but were new to PRT. The teachers and the researcher collaboratively planned four mathematics activities focusing on PRT and cardinality, which were carried out with 48 children aged three to four years. Each activity went through several iterative cycles of planning, implementation, and evaluation, and was documented through teacher-recorded video (73 recordings). Content analysis, as described by Hsieh and Shannon (2005), was conducted using NVivo. The analysis focused on key PRT concepts such 'as if' and 'as is', responsiveness, intersubjectivity, and agency (Pramling et al., 2019). The analysis also examined how cardinality appeared in children's actions and expressions, including subitizing, ordinality, and use of gestures (Paliwal & Baroody, 2020).

Results
In the recorded videos of the activities, the analysis revealed three distinct categories: (1) play without mathematics teaching, (2) mathematics teaching without play (MT), and (3) PRMT, where play and mathematics teaching were integrated. The results highlighted the teacher's role as a responsive mediator in PRMT. Rather than merely transmitting knowledge, the teacher co-constructed meaningful learning situations by shifting between 'as if' and 'as is', thereby fostering intersubjectivity and agency. By responding to children's initiatives in the play, the teacher contributed to the development of the learning environment. When teachers engaged with children's initiatives, double responsiveness emerged, enriching the conditions for learning. However, if responsiveness or intersubjectivity was lacking, the teacher risked being excluded from the play, which reduced its educational potential. In conclusion, both the sequences, mathematics teaching without play and PRMT, were found to be important and complementary. By combining structured teaching with playful responsiveness, the teacher supported children's understanding of concepts and mathematical thinking.
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